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Can liquids be macroscopically polar?
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Abstract. We will discuss the meaning of piezo-, pyro-, ferro- and antiferroelectricity (defined
for solids) and their possible appearance in the liquid state. We will do this using general
symmetry principles as a starting point. The arguments will also be used for the prediction of
non-linear optical properties in the liquid state.

1. Introduction

I am going to talk about polar materials and review the phenomena of piezo-, pyro- and
ferroelectricity, the latter of which has only recently been found in liquid crystals. The
question is whether it could appear in other liquids as well. The three phenomena mentioned
are really characteristic for solid crystals, so I will often have to refer to them in that context.
Later we will see whether the designations can be meaningfully transferred to liquid matter,
and if so, to which categories.

The basic and starting point is how matter behaves in an externally applied field.
Insulating (non-conductive) materials are called dielectrics. Almost all of them respond
electrically in the same way to external action: they get polarized and the polarization
increases linearly, at least at the beginning, with the applied field. This means that the
polarization changes sign together with the field and is reduced to zero when the field is
taken away. The exceptions to this behaviour are relatively rare, but of such scientific interest
and technological importance that they have merited special names. These exceptions are
of two kinds, or hierarchies, which in the case of solid crystals can easily be singled out
on the basis of symmetry; cf. figure 1. Of the 32 crystal point groups, 20 are piezoelectric,
with the meaning that materials belonging to these groups acquire a polarization in the
absence of electric field when an external stress (often this means pressure) is applied. The
polarization is linear in, and thus changes sign with, the stress. The linearity of the effect
furthermore implies that an electric field applied to the crystal will cause the crystal to be
strained (the inverse effect). The basic (but not sufficient) requirement for piezoelectricity
is that the material lacks a centre of symmetry.

Within the 20 piezoelectric classes there is a higher hierarchy level limited to 10 classes,
called pyroelectric, in which a polarization appearsin the absenceof both external electric
field and external pressure. Hence these materials have an intrinsic macroscopic polarization.
In order to have this their crystal structure must have a direction, the polarity of which
cannot be reversed by any symmetry operation of the medium. The same must be valid
for a liquid: only if we can intrinsically define such a direction as just mentioned, it might
have a macroscopic polarization. The wordmacroscopicshould be stressed. There are
many examples of simple liquids consisting of polar molecules as well as more complex
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Figure 1. The hierarchy of dielectric materials. A dielectric without special properties is simply
called a dielectric, if it has piezoelectric properties it is called a piezoelectric, if it further has
pyroelectric but not ferroelectric properties it is called a pyroelectric etc. A ferroelectric is always
pyroelectric and piezoelectric, a pyroelectric always piezoelectric, but the reverse is not true.
Knowing the crystal symmetry we can decide whether a material is piezoelectric of pyroelectric
but not whether it is ferroelectric.

liquids which may show varying kinds of intrinsic polar order not adding up to a macroscopic
polarization. When a macroscopic polarization is present, usually in the form of spontaneous
domains, i.e. macroscopic parts characterized by a certain polarization direction, the medium
interacts with external fields in a completely different way than otherwise, reminding us
about the behaviour of magnets.

While magnetic properties have been known of since ancient times, the recognition that
matter can be electrified is of more recent date. Pyroelectricity was discovered in about
1700 by Dutchmen in foreign trade when they brought tourmaline from Ceylon to Europe.
They observed how these rodlike crystals acquired a force to attract light objects, like small
pieces of paper, when heated. The first scientific description was given by the German
F M Hoeck (Aepinus) in 1756, and David Brewster in Scotland, who made a systematic
study on a number of minerals, coined the name pyroelectric in 1824. However, one had to
wait until our century to really get an understanding of the phenomenon, and the historical
name (‘pyro’ etymologically related to fire) is a very unfortunate one. It is true that a
change1T in temperature causes the appearance of a polarizationP , and pyroelectricity
is often defined this way. Still, it is not really the heart of the matter. The basic thing is
that a pyroelectric has a spontaneous macroscopic polarization, i.e. is an electric dipole in
the absence of an external field. The charged poles normally cannot be observed because
they are neutralized in a rather short time by the ubiquitous free charges which are attracted
by the poles. (Because there are no free magnetic charges such a screening does not
occur in a magnet, which makes magnetic phenomena simpler in many respects than the
corresponding electric ones.) However, the magnitude (and in rare cases even the direction)
of the polarization is generally a function of temperature,P = P (T ). Hence a change
1T in temperature causes an additional polarization1P which is not compensated by the
present charges and can be observed (normally in a matter of minutes) until the redistribution
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of charges to equilibrium has been completed. This is also one of the standard methods
for measuring polarization: the pyroelectric current is integrated through an external circuit
after firing a heat pulse from an infrared laser.

Research on pyroelectricity in France led to the discovery of piezoelectricity by the
brothers Pierre and Jacques Curie in 1880. Its subsequent strategic importance during the
first world war (the development of sonar for submarine detection etc) led to the discovery
of ferroelectricity in Rochelle salt by Joseph Valasek at the University of Minnesota in 1920.
Modern, powerful ferroelectric materials, like barium titanate, were synthesized mainly in
wartime research efforts around the time of the second world war.

Figure 2. The point group of tourmaline is 3m (C3v) with a threefold vertical axis and three
vertical mirror planes. Because there is no horizontal mirror plane there is really an ‘up’ and
a ‘down’ side in these crystals directly observable in the crystal habit. On cooling, the crystal
becomes a dipole with a positive charge appearing on the ‘up’ side. In the much simpler
(wurtzite) structure of cadmium sulphide, 6mm (C6v), it is easy to see how the centres of
gravity of positive charges do not coincide with those of negative charges and, thus, how a
dipolar structure is rigidly built into the crystal lattice.

Figure 3. The structure of barium titanate, cubic above 120◦C and tetragonal below that
temperature.

In a pyroelectric material like tourmaline or cadmium sulphide the polar dissymmetry
is manifest in the crystal lattice, built in rigidly when the crystal is grown. This is even
reflected in its crystal habit, which in a well-grown specimen shows a pronounced up side
and down side; cf. figure 2. If we apply an electric field along or opposite to the polarization
direction it has practically no effect on the polarization which is locked in by the lattice
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Figure 4. The response characteristics of polar materials in an external electric field.

and, in particular, cannot be reversed. We see here another difference between electric
and magnetic phenomena in matter: the spins in a magnetic material are never locked in
the same way to the lattice. We may, however, consider a structure which is only a very
short distortion along one direction from being cubic, like the example of BaTiO3 in figure
3. This is the equilibrium state at room temperature and the crystal constitutes a dipole
along the tetragonalc-direction. (In contrast, a cubic crystal, for symmetry reasons, cannot
have a macroscopic polarization—no more than it can have a macroscopic magnetization.)
But in this case, if we apply a sufficiently high electric field opposite to theP -direction
we can undo the small inner distortion of the atoms and reverse it (the transition state
is the cubic one) to the energetically equivalent but opposite distortion. Materials in
which the polarization behaves in this way constitute the very special and all-important
subclass of pyroelectrics called ferroelectrics. Although several kinds of ferroelectric may
be distinguished, their prime distinction from all other materials is that they not only have
a macroscopic polarization but alsotwo stable statesin the absence of a field, and that the
polarization can be reversed between these states by application of an electric field. In this
they are thus very similar to ferromagnets and their name, given by Erwin Schrödinger in
his Habilitation Thesis (1912, eight years before the actual discovery of such materials)
certainly reflects this. In analogy to ferromagnetic materials, ferroelectric crystals in the
absence of a field generally show domains of homogeneous polarization, arranged in such a
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way that the macroscopic polarization of the sample is zero and such that∇ · P = 0 (zero
local charge density). In contrast, a pyroelectric crystal has no domains—it is a monodomain
as long as the crystal is not crystallographically twinned.

In figure 4 we have illustrated how polar materials may behave in response to an external
electric fieldE, by tracing the polarizationP as a function ofE. By polar materials we mean
any kind of matter characterized by local dipoles, for instance a liquid consisting of dipolar
molecules or a solid with dipoles distributed randomly or with any kind of specific order,
for instance such that we have two sublattices with polarization that is homogeneous but
opposite in direction, compensating each other (antiferroelectric). Except for in piezoelectric
materials, theP –E trace is the fingerprint of the category that we are dealing with and is also
characteristic of the technological potential. In (a) there is the normal dielectric response
with P increasing linearly up to a saturation value at high fields. In principle this behaviour
is the same whether we have local dipoles or not, except that with local dipoles the saturation
value from orientational polarizability will be high (as compared to that from displacement
polarizability) and strongly temperature dependent as the thermal agitation counteracts the
alignment of the dipoles along the field. If the molecules lack permanent dipoles, the
induced local polarization is always along the field and temperature independent. Dipolar
molecules may, on the other hand, align spontaneously at a certain temperature (the Curie
temperature) to a state of homogeneous polarization. On approaching such a temperature the
susceptibility∂P/∂E takes on very high values and is strongly temperature dependent. We
will describe this state, unpolarized in the absence of a field, but with a high and strongly
temperature-dependent value of the dielectric susceptibility, as paraelectric, independently
of whether there actually is a transition to an ordered state or not. It should be noted that a
piezoelectric material has the same shape of theP –E curve as a normal dielectric (it may
show paraelectric behaviour) because an applied electric field causes a linear strain (the
converse piezoeffect) which in turn causes a linear polarization.

The contrasting very strong non-linear response of a ferroelectric is shown in figure
4(b). The two stable states (+P , −P ) at zero field constitute the most characteristic feature
of this hysteresis curve which also illustrates the threshold (coercive force) that the external
field has to overcome in order to flip over one state into the other. The response of the
antiferroelectric state is shown in (c). The initial macroscopic polarization is zero just as
in a normal dielectric and theP –E relation is linear, like in (a) at the beginning until, at a
certain threshold, one lattice polarization is flipping over into the direction of the other (the
external field is supposed to be applied along one of the sublattice directions). The very
characteristic double-hysteresis loop reveals the existence of two sublattices as opposed to
a random distribution of dipoles as in (a). In the limit where the hysteresis loops shrink
to thin lines as in (d) we get a special kind of response on which we will comment later.
In the hierarchy of figure 1, and in the logic of what has just been said, antiferroelectric
materials belong to the ‘undistinguished’ dielectrics, outside of the 20 piezoelectric groups.
They show, for reasons of symmetry, neither piezoelectric nor pyroelectric response.

There is a certain tendency to just call everything which has some polar character
‘ferroelectric’. However understandable this might be, in particular because the word
pyroelectric is not very descriptive when we are thinking of a polarization and not of a
temperature effect, this habit should be strongly discouraged, as it only leads to confusion.
Of course, the words piezo- and pyroelectric must also be used with the same care. It must
be underlined that it is theelectric response—cf figure 4—which decides to which category
a material belongs. Indeed, an important function of the name is to give information about
the P –E relation.

The presence of two stable states in figure 4(b) indicates that a ferroelectric material
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Figure 5. The two electro-optic effects in ferroelectric materials like barium titanate. In the
symmetric high-temperature phase the quadratic Kerr effect (1n ∼ E2) is observed, while the
less symmetric phase (T < 120 ◦C) always shows a non-zero birefringence, the variations of
which are linear in the applied field (the Pockels effect).

basically has memory properties, just like a ferromagnetic material. The fact that it has not
yet been possible to develop ferroelectric memory devices is related to the very involved
interactions with charge carriers and to the fact that switching between the two states
is normally coupled to a change in lattice distortion which may eventually cause a total
breakdown of the lattice (crystal fatigue). If the same or an analogous phenomenon could
be found for a liquid, this might be an attractive way to solve at least the second problem.
Because of these inherent problems, solid-state ferroelectrics have, strangely enough, not
found use for their ferroelectric properties, but rather because of their superior pyroelectric
(heat detectors), piezoelectric and dielectric (very-high-ε) properties. In addition they are
the dominating electro-optic materials as Pockels modulators—cf. figure 5—as well as in
non-linear optics, e.g. second-harmonic generation.

2. Liquids

Can liquids in which the constituents are dipoles be ferroelectric or piezoelectric? For
instance, if we could make a colloidal solution of small particles of the ferroelectric BaTiO3,
would this liquid be ferroelectric? The answer is no, it would not. The response in an electric
field would be that pictured by figure 4(a). It is true that the liquid would have a very high
value of dielectric susceptibility and we might call it superparaelectric in analogy with the
designation often used for a colloidal solution of ferromagnetic particles which likewise
does not show any collective behaviour. An isotropic liquid cannot have a polarization in
any direction because every possible rotation is a symmetry operation and this of course
is independent of whether the liquid lacks a centre of inversion (is chiral) or not. Hence,
at least we have to diminish the symmetry and go to anisotropic liquids, that is, to liquid
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crystals, in order to examine an eventual appearance of pyroelectricity or ferroelectricity.
Naturally, an isotropic liquid consisting of dipoles may show a polarization during flow,
because a shear diminishes the symmetry and will partially order the dipoles, thus breaking
the randomness. This order will be polar if the liquid is chiral. But we will not consider such
a liquid pyroelectric—no more than we would consider a liquid showing flow birefringence
a birefringent liquid. Nevertheless, it is clear that there will be lots of interesting polar
effects in flowing liquids, particularly in ones of biological significance (which are mostly
chiral).

Figure 6. Molecular arrangements characteristic of (a) nematic, (b) smectic A and (c) smectic
C liquid crystals. The average local direction is indicated by a unit vectorn, called the director.

The most common kind of anisotropic liquid is the nematic liquid crystal shown very
schematically in figure 6(a). It is a three-dimensional liquid, in which the normally rodlike
molecules because of van der Waals and steric interactions tend to be locally parallel.
This locally preferred direction is conventionally represented by a unit vectorn(r) called
the director, which is a sort of local symmetry axis. Even if a single molecule is rather
unsymmetric in shape and polarity, such effects are averaged out by the rapid rotation around
its long axis and also by heads and tails being equally distributed up and down. Hence
the nematic phase has cylindrical symmetry around the director and is invariant under the
change of sign inn, i.e. under the condition

n → −n. (1)

This invariance also means that a nematic liquid is strictly non-polar. The actual molecules
might constitute dipoles (they almost always do) but their long axes are distributed in such a
way around the average direction (the directorn) that if we describe it in terms of Legendre
polynomialsPn(θi) whereθi is the angle of theith molecule relative ton, then the first
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Figure 7. The phase transition A→ C and the conical degeneracy of director in the tilted
phase. If the substance is chiral (denoted by an asterisk, C∗, A∗) a tilt can be induced by an
electric field aboveTc, with the corresponding susceptibility diverging atTc.

non-zero polynomial isP2,

P2 ≡ 1
2〈3 cos2 θi − 1〉

where the angular brackets denote a local statistical average. For random orientation
(isotropic liquid) P2 = 0 and for perfectly parallel alignmentP2 = 1. P2 is therefore
commonly used for the scalar part of the nematic order parameter. TypicallyP2 varies from
around 0.6 at low temperature to around 0.4 at the transition to the isotropic phase where
it suddenly goes to zero in a first-order transition, reflecting the fact that the orientation-
dependent van der Waals attraction is no longer effective if the molecules are not sufficiently
parallel. Even if higher moments likeP4 are sometimes used to more precisely characterize
the nematic order,P2 describes the nematic phase very well and we may say that the
nematic has essentially quadrupolar order. The same is true of the smectic phases with
P attaining slightly higher values as we go from nematic to smectic A to smectic C. The
quadrupolar order along the director of course characterizes all liquid-crystal phases for
which the invariance condition (1) is valid. In particular this means thatP1 (and other
odd polynomials) are zero. Hence, whereas the molecule itself is a dipole, even thelocal
polarization is zero,〈P 〉 = 0, in a nematic. That is what we mean by non-polar. In this
case we do not even have to ask whether a nematic could bemacroscopicallypolar.

As for an eventual piezoelectric effect in the nematic phase, it can be ruled out
immediately as pressure does not distort the director and because a liquid cannot sustain a
static shear. We would therefore have to go to the other important class of liquid crystals,
the smectics, in which one translational degree of freedom is crystalline. Smectic liquid
crystals are layered and come in many different forms; however, in this context we will
limit ourselves to the most important ones, labelled smectic A and smectic C, shown in
figure 6(b) and 6(c), respectively. The difference between them is that the director is along
the layer normal in the A phase, but inclined to it in the C phase. The layers are perfectly
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fluid but confined to two dimensions: these smectics are thus liquids in two dimensions
and solids in one. In most substances where these phases appear, a second-order phase
transition A → C occurs at a certain temperatureTc, below which the molecules start to
tilt, and with an order parameter that can be written asψ = θeiϕ , whereθ is the tilt angle
with respect to the normal andϕ is the azimuthal angle indicating the direction of tilt in
the layer plane. The variableϕ is a phase variable (the transition is helium-like) with huge
fluctuations; the director in the C phase is therefore practically free to move on a cone with
half-apex-angleθ around the layer normal. This is illustrated in figure 7.

We will now proceed to the question of whether any of the three liquid-crystal
symmetries in figure 6 would be compatible with a macroscopic polarization, i.e. with
an intrinsic polar vector in the medium. First of all, the fundamental invariance condition
(1) means that if there is a polarizationP in the medium, it cannot have a component along
n, because the symmetry operation (1) reverses the sign of that component, and thusP
must be perpendicular ton [1]:

P ⊥ n. (2)

But a polarizationP perpendicular ton in the nematic or smectic A state is impossible
because these phases have cylindrical symmetry aroundn. Thus a rotation of 180◦ around
n is a symmetry operation and would cancel anyP ⊥ n. In the smectic C the situation
is different. Because here the medium exhibits two non-collinear directions,n andz (the
layer normal), we can form a vectorz×n which could be a polar direction, except if the tilt
plane (the plane of the paper in figure 6(c)) were a mirror plane, in which case the reflection
symmetry operation would reverse and thereby cancel any polarization perpendicular to that
plane. This means that a chiral smectic C, designated C∗, would indeed permit a local
polarization perpendicular to the tilt plane.

The symmetry arguments used so far go back more than 150 years. In fact, they have a
great historical interest as being the first serious symmetry principles formulated in physics.

3. The Neumann and Curie principles

A student of today might think that elementary-particle physicists introduced the use of
symmetry principles in physics. This is not at all the case. It began with Neumann, continued
with Curie, and then invaded all of physics. (I thus leave the symmetry principles of Kepler
aside, being metaphysical–aesthetic and not developable.) At first it was the symmetry and
invariance of objects and properties (Neumann), then that of abstract things like electric and
magnetic fields (Curie), and finally that of equations (Einstein, Weyl, Pauli and the whole
modern school).

When we are dealing with the question of whether a material can be spontaneously
polarized or not, or whether some external action can make it polarized, there are two
principles of great generality which are still extremely useful, the Neumann principle and
the Curie principle. The first (Neumann, 1833) says that any physical property of a medium
must be invariant under the symmetry operations of the point group of the medium.

The second (Curie 1894) says that a medium subjected to an external action changes its
point symmetry so as to preserve only the symmetry elements common with those of the
influencing action. Symbolically we may write the Neumann principle as

K ⊆ P (3)

i.e. the crystal group either coincides withP, the property group, or is a subgroup ofP,
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and the Curie principle as

K̃ = K ∩ E (4)

i.e. the point symmetryK changes toK̃, the highest common subgroup ofK (the crystal
group) andE (the external-influence symmetry group). This means that, in particular, if

K ⊂ E (5)

then

K̃ = K (6)

i.e. if K is a subgroup ofE , then the crystal symmetry is not influenced by the external
action.

The Neumann and Curie principles are the dominating symmetry principles in
condensed-matter physics of today. Both can be formulated in a number of different ways.
For instance, the Neumann principle may be stated as follows: ‘the symmetry elements of
an intrinsic property must include the symmetry elements of the medium’. This formulation
stresses that every physical property may and often does have higher symmetry, but never
less than the medium. A well-known example of this is that cubic crystals are optically
isotropic, which means that the dielectric permittivity has spherical symmetry in a cubic
crystal. A more general example is that physical properties characterized by polar second-
rank tensors must be centrosymmetric, whether the crystal has a centre of symmetry or
not.

How can we know that the Neumann principle is always valid? Consider, for the sake
of the argument, that the crystal groupK had a symmetry operation that was not contained
in the property groupP. Then, under the action of this operation, the crystal would on
the one hand coincide with itself, and on the other, change its physical properties. The
inherent contradiction proves the validity of the principle. Some persons would tend to find
this reasoning circular, in the sense that if there is a contradiction, it only means that the
supposed symmetry of the medium was not correct. However, it is hard to deny that there
is a predictive power in the principle, because once youknow the symmetry of a medium
you can tell whether a certain property is allowed or not. And if it were to happen that the
property was ruled out according to Neumann’s principle and at the same time was observed
without doubt in the substance, then this falsification (and progress in the sense of Popper)
would force us to revise the symmetry of the medium. Thus it is only circular in the same
sense as other symmetry principles, and the assumed symmetry may have to be revised as
it was when a parity experiment showed that the weak interaction is not invariant under
reflection. A much more common case is however that an experiment badly performed or
analysedseemsto reveal a polarization on heating a piezoelectric material when the origin
is just temperature gradients and therefore strains in the sample. (To extend pyroelectricity
to such cases—equal to allowing a violation of the Neumann principle—would be just as
inconvenient as saying that the law of conservation of momentum may be found to be
violated ‘in practice’ in a number of cases.) At any rate Neumann’s principle reveals the
inherent contradictions of some of the current literature—as for instance in the not-so-
rare teaching that quartz, with the point group 32, is pyroelectric [2], which is completely
false. The fact that the point group is 32 means that there is a threefold principal axis and
three twofold axes perpendicular to that axis. However, it is immediately clear that if a
polarization were permitted along any rotation axis, there could not be a second rotation
axis making an angle to this first one, without cancelling the polarization.

The general application of the Neumann principle in condensed matter is normally much
more formalized (for instance involving rotation matrices) than we have had use for in our
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Figure 8. Neumann’s principle applied to (a) the nematic and smectic A, (b) the smectic C and
smectic C∗ phases.
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Figure 9. The (a) non-helical and (b) helical bulk director configuration in the smectic C and
C∗ phases, respectively.

brief discussion above. Few textbooks perform such demonstrations on an elementary level,
but there are exceptions, for instance the excellent treatise by Nussbaum and Phillips [3].
For a liquid crystal we are illustrating this simple way of using the symmetry operations of
the medium in figures 8(a), 8(b) [4]. We choose thez-direction along the director as shown
in (a) and assume that there is a non-zero polarizationP = (Px, Py, Pz) in a nematic or
smectic A. Rotation by 180◦ around they-axis transformsPx andPz into −Px and−Pz, and
hence both of these components must be zero because this rotation is a symmetry operation
of the medium. Next we rotate by 90◦ around thez-axis, which transforms the remainingPy

into Px . We see that the symmetry operations of the medium are not symmetry operations
of the property, in violation of Neumann’s principle, andP must vanish. In the smectic C
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a 180◦ rotation around they-axis is still a symmetry operation, soP can have a component
in the y-direction, as a 90◦ rotation around thez-axis is no longer a symmetry operation;
cf. figure 8(b). But if the xz-plane is a mirror plane, thenPy must be zero. In order to
let Py survive we can put ‘small propellers’ on the molecules, i.e. make them chiral. We
could for instance synthesize molecules with one or more asymmetric carbon atoms, but
it would, in principle, also be sufficient to dissolve some chiral dopant in the medium in
order to remove the mirror plane. In both cases the only symmetry element left would be
the twofold rotation axis along they-direction, and a polarization along that direction is
thus allowed. The symmetry of the medium is now C2 which is lower than the symmetry
of the property. The polarizationP , like the electric field, is a polar vector, hence with the
symmetry C∞ (or ∞m in the crystallographic notation.)

It was the Harvard physicist R B Meyer who first recognized that the symmetry
properties of a chiral tilted smectic would allow a spontaneous polarization directed
perpendicular to the tilt plane, and in collaboration with French chemists he synthesized
the first such materials in 1974 [5]. These were the first polar liquid crystals and as such
something strikingly new. Of course, substances showing a smectic C∗ phase had been
synthesized accidentally several times before by other groups, but their very special polar
character had never been detected. Meyer called these liquid crystals ferroelectric. As it
subsequently turned out, this was almost but not quite true. But a most important first step
had been taken towards finding a ferroelectric behaviour.

4. Nature strikes back

According to the symmetry argument already given, the local spontaneous polarizationP
is sterically connected with the molecule, lying along±z × n. (The plus-or-minus sign is
a characteristic of the material.) But the prerequisite for the existence ofP was that the
molecules are chiral, and the chiral interactions between them lead to an incommensurate
helical superstructure, as shown in figure 9(b). Actually there are two interactions involved
in the helix, one chiral leading to a spontaneous twist and one non-chiral (steric) leading to a
spontaneous bend deformation in the director field [6]. The phase angleϕ describes a right-
or left-handed helix with a period of typically someµm whereas the smectic layer periodic
length is some nm. The helical arrangement makes the macroscopic polarization zero for
the bulk sample at the same time as satisfying∇ · P = 0 everywhere. It therefore is an
alternative to the domain formation in a solid ferroelectric. But there is no coercive force
in such a structure and if we apply an electric field perpendicular to the helix axis we will
wind up the helix and turn more and more of the local polarization into the field direction;
cf. figure 10(a). The P –E response is dielectric—in fact it has the shape of figure 4(d),
corresponding to an antiferroelectric with an infinitely thin hysteresis loop. This behaviour
is also known in the solid state, e.g. in the chiral structure of NaNO2, and the order is
called helicoidal antiferroelectric. A shorter useful name is helielectric. The helielectric
smectic C∗ has zero macroscopic polarization (like an antiferroelectric), no hysteresis, no
threshold, and no bistability. However, by artifice it can be turned into a structure with
very different properties. This is illustrated in figure 10(b). If the smectic layers are made
perpendicular to the confining glass plate, there is no boundary condition compatible with
the helical arrangement. Let us assume that we can prepare the surface in such a way that
the boundary condition imposed on the molecules is that they have to be parallel to the
surface but without a specified direction. As we make the distance between the surfaces
smaller and smaller, the conflict between the helical order and the surface order will finally
elastically unwind the helix via the surface forces, and below a certain sample thickness the
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Figure 10. The helical configuration in smectic C∗ and its unwinding in an external electric
field (a). The smectic layers are considered to be horizontal in the figure and the directors are
confined to a cone around the layer normal. The elastic unwinding is illustrated in (b).

Figure 11. Spontaneous ferroelectric domains appearing in the surface-stabilized state.

helix cannot appear: the non-helical configuration has a lower energy. The physical problem
has one characteristic length, which is the helical periodp. We can therefore expect that
for a sample thicknessd < p, i.e. of the order of one micrometre, the only allowed director
positions will be where the surface cuts the smectic cone, because here both the intrinsic
conical constraint and the constraint of the surface are simultaneously satisfied. There are
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two such positions, symmetrical around the cone axis and corresponding to polarization
up and down, respectively. Energetically these states are equivalent, which leads to a
symmetric bistability. Indeed, when very thin samples withd ≈ 1 µm are made with the
appropriate boundary conditions, spontaneous ferroelectric domains all of a sudden appear
in the absence of any applied field (figure 11). This second step was realized five years after
Meyer’s first paper [7]. By applying an external field we can now get one set of domains to
grow at the cost of the other and reverse the whole process on reversing the field. There are
two stable states and a symmetric bistability; the response is according to figure 4(b). We
might therefore call this structure a surface-stabilized ferroelectric liquid crystal (SSFLC).
The surface stabilization brings the C∗ phase out of its natural crystallographic state and
transfers macroscopic polarization to the bulk.

Figure 12. The point symmetry of the helical smectic
C∗ state is D∞ (∞22) illustrated by a twisted cylinder.
The principal rotation axis is along the smectic layer
normal and there are an infinite number of twofold
rotation axes perpendicular to this axis. The symmetry
does not allow pyroelectricity.

Figure 13. The surface-stabilized smectic C∗ has
C2 symmetry. A pressure applied across the layers
increases the tilt angle and thereby the polarization
(P ∼ θ ) along the twofold axis which is perpendicular
to the paper plane.

The helical smectic C∗ state has the point symmetry D∞ (∞22), illustrated in figure 12,
which does not permit a polar vector. It is therefore neither pyroelectric nor ferroelectric.
Nor can it, of course, be piezoelectric, which is easily realized after a glance at figure 10(a):
if we apply a pressure or tension vertically, i.e. across the smectic layers, in the helical
structure shown to the left, no macroscopic polarization can appear. The only effect is that
we change the pitchp of the helix. On the other hand, if we do the same to the surface-
stabilized structure—cf. figure 13—we change the tiltθ and thereby the local polarizationP
which is proportional to the tilt; hence in the conformity with the statement that if a structure
is ferroelectric it also, by necessity, should be piezoelectric. That this SSFLC structure with
symmetry C2 is also pyroelectric, as it must be, is also evident, becauseθ and therebyP
is a function of temperatureT . Because there is now a macroscopic polarization we have
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a strong coupling with the external field leading to microsecond response, according to

τ−1 ∼ P · E/γ (7)

whereγ is a characteristic viscosity for the motion around the cone (a Goldstone mode). The
difference 2θ between the two optic axis directions—cf. figure 10(b)—leads to an electro-
optic effect of high contrast. The high available contrast, the very high speed (about three
orders of magnitude faster than in normal liquid crystals), together with the inherent memory,
make this a very attractive electro-optic effect for a variety of applications, although very
much more involved than conventional liquid-crystal effects and as yet far from developed
to a mature stage [8].

As we have seen, smectic C∗ materials are not automatically ferroelectric but can always
acquire this property in certain configurations (SSFLC). It is, however, important to point
out that ferroelectricity is not a bulk property in liquid crystals. Thus, this ‘ferroelectricity’
is not a property of a liquid, not even of a liquid in two dimensions. One might be tempted
to unwind the helix using chiral additives having opposite twisting power (and this is easily
done) instead of unwinding it elastically using the surfaces and, on doing so, arrive at
a structure of the kind depicted in figure 9(a). However, it turns out that even with a
compensated helix (infinite pitch) the bulk structure twists in such a way as to cancel the
total polarization. This is, after all, not too surprising for matter having liquid properties. In
other words, bulk liquid crystals are always antiferroelectric in one way or another. Finally,
we should mention that ‘regular’ antiferroelectric liquid crystals exist, where successive
smectic layers (in the simplest case) have their molecules tilting in opposite directions
and therefore connected with opposite local polarizations. Thus they really constitute two
‘sublattices’, which is very similar to the solid-state case. These materials, however, are a
vast subject in themselves [9].

5. Piezoelectric properties

If we now want to investigate the conditions for an elastic stress to induce a macroscopic
polarization we have to turn to the Curie principle which in a sense is a generalization of
Neumann’s principle. It cannot be proven in the same way as that principle; in fact it is
often the violations (or maybe seeming violations) that are the most interesting to study.
Among these cases are the phase transitions (spontaneous symmetry breakings) where the
temperature is the ‘external force’ in Curie’s language. As mentioned before, Curie’s
principle can be stated in different ways and the earliest formulation by Curie himself is
that ‘when a cause produces an effect, the symmetry elements of the cause must be present
in the effect’. This means that the produced effect (the induced property) may have higher
symmetry, but never less symmetry than the cause.

Especially in this formulation, the principle has to be used with care. An example of
this is related by Hermann Weyl in his book ‘Symmetry’ [10]. Weyl here tells about the
intellectual shock that the young Ernst Mach received when he learned about the result of the
Ørsted experiment—cf. figure 14, taken from the book. The magnetic needle is deflected in
a certain sense, to the left or to the right, when a current is sent in a certain direction
through the conducting wire. And yet, everything seems to be completely symmetric
(magnet, current) with respect to the plane containing the needle and the conductor. If
this plane is a mirror plane, the needle cannot swing out in any direction. The solution to
this paradox is that this plane isnot a mirror plane, because of the symmetry properties of
the magnetic field. The problem is that while we easily recognize the reflection properties
of geometric objects, we do not knowa priori the corresponding properties for abstract
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Figure 14. The symmetry paradox of the Ørsted experiment. (From reference [10].)

Figure 15. Pierre Curie’s seven continuous point groups illustrated by geometric ‘objects’.
Among them we might distinguish∞m representing a polar vector (like the electric field), and
∞/m representing an axial vector (like the magnetic field). Three of these symmetries,∞, ∞22
and ∞/∞, can appear in a right-handed as well as in a left-handed form (enantiomorphic).
Several equivalent ways of expressing the symmetry are in common use, for instance the one
in figure 12. Pyroelectricity (i.e. a macroscopic polarization) is only permitted by the first two
groups (∞ and∞m). If the continuous medium in question can sustain the mechanical strain,
piezoelectricity would be allowed by the first three groups (∞, ∞m and∞22).

things like physical quantities. In fact, the magnetic field has reflection properties such
that it is rather well illustrated by Magritte’s well-known surrealist painting where a man is
looking into a mirror and sees his back. A lesson to be learned from this is that we cannot
rely on appearances when we judge the symmetry of various fields and physical properties
in general. Pierre Curie was the first person to study these symmetries in a systematic way
and, in order to describe them, he introduced the seven limiting point symmetry groups
(also called infinite or continuous point groups) which he added to the 32 crystallographic
groups. By this combination he could classify the symmetry of all possible media and all
possible physical properties, illustrating the continuous symmetries with drawings related
to simple geometric objects like in figure 15. Obviously, these continuous symmetries have
a special relevance for liquids in general.

Let us apply a stress to a general medium and ask under which conditions it could
cause an electric displacement. The basic problem that we then have to sort out is the
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Figure 16. The symmetry of stress. (a) Pure tensile stress. (b) Pure shear stress.

proper description of the symmetry of stress. Clearly a stress cannot be described by a
polar vector—there must be at least two. A simple illustration of this is given in figure 16.
We see that in two dimensions a homogeneous tensile stress as well as a pure shear stress
has two perpendicular mirror planes, one twofold rotation axis and one centre of symmetry
(or inversion). In three dimensions we have analogously three mirror planes, three twofold
axes and the centre of symmetry which we may enumerate asm, m, m, 2, 2, 2, Z. These are
the symmetry elements of the point groupmmm (or D2h). This is the orthorhombic point
group which can be illustrated by a matchbox or a brick [11].

Now apply the stress in the most general way, i.e. such that its three axes of twofold
symmetry and its three planes of reflection symmetry do not have the same directions as
the axes and planes in the unstrained medium. Curie’s principle then says that the stressed
medium will retain none of its symmetry axes and planes.

But if the unstressed medium has a centre of symmetryZ, it will retain that centre
because the stress also has a centre of symmetry. Therefore, in a medium with inversion
symmetry no effect representable by an arrow can be induced by the stress—and hence no
electric displacement or polarization—whatever stress is applied. In other words a medium
with an inversion symmetry cannot be piezoelectric.

We could also have reasoned formally in the following way. If a propertyP (polarization
in this case) should appear in the mediumK as a result of the external actionE (stressσ in
this case) thenP must be compatible with the symmetry of the strained medium, according
to Neumann’s principle

P ⊇ K̃ (8)
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but, according to Curie’s principle

K̃ = K ∩ σ. (9)

If we now insert∞m for P andmmm for σ we get from (8) and (9)

∞m ⊇ K ∩ mmm. (10)

The symmetry elements to the right (mmm) contain a centre of inversion, but those to
the left (∞m) do not. Therefore, if (10) should be satisfied (i.e. the Neumann and Curie
principles together),K must not have a centre of inversion, i.e.

1̄ /∈ K. (11)

Out of the 32 crystallographic groups, 11 have symmetry elements including a centre
of inversion. One should therefore expect piezoelectricity to appear in the other 21, but it
appears only in 20. The exception is 432 (≡O), the octahedral group. But this first example
of an exception is sufficient to give the very important insight that the Neumann and Curie
principles, and in fact all symmetry principles, only give necessary—never sufficient—
conditions, for a certain phenomenon to appear. The principles can only be used in the
affirmative when they exclude things from happening.

Figure 17. The crystal symmetry compared to the property symmetry around ann-fold rotation
axis.

6. The importance of additional symmetries

It is often said that the group 432 is ‘too symmetric’ to allow piezoelectricity, in spite of
the fact that it lacks a centre of inversion. It is instructive to see how this comes about. A
powerful symmetry theorem of crystal physics says that if there is a rotation axis Cn (of order
n), then every tensor of rankr < n is isotropic in a plane perpendicular to Cn, as shown
in figure 17 [11]. For cubic crystals this means that second-rank tensors like the thermal
expansion coefficientαij or the dielectric constantεij will be isotropic perpendicular to all
four space diagonals which have threefold symmetry. This makes the optical properties (εij )
isotropic in three dimensions as already mentioned above. Also, ifαij were not isotropic,
then heating would cause the crystal to lose the property of being cubic. A centre of
symmetry is lacking in three cubic classes, 23 (T),4̄3m (Td) and 432 (O). The first two
are piezoelectric, but the latter has three fourfold rotation axes perpendicular to each other,
making the piezoelectric tensordijk isotropic in three dimensions. The piezoeffect would
then not depend on the sign of the stress, which is only possible for alldijk ≡ 0.

It is clear that similar additional symmetries would occur frequently if we went to
liquids, which are generally more symmetric than crystals. As an example we will finally
consider whether some of the properties discussed so far would be allowed in the so-called
cholesteric liquid crystals, which lack a centre of inversion. A cholesteric is simply a chiral
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Figure 18. The symmetry of the cholesteric phase, (a), (b), and the effect of a shear, (c).

version of a nematic, abbreviated N∗, characterized by the same local order but with a
helical superstructure which automatically appears if the molecules are chiral or if a chiral
dopant is added; cf. figure 18. Could such a cholesteric phase be spontaneously polarized?
If there were a polarizationP , it would have to be perpendicular ton, because of the
condition (1), and thus along the helical axis directionm. But the helical N∗ phase has an
infinity of twofold rotation axes perpendicular tom and the symmetry operation represented
by any of these would invertP . HenceP = 0. A weaker requirement would be to ask for
piezoelectricity. (Due to the helical configuration the liquid in fact has some small elasticity
for compression alongm.) But as illustrated in the same figure, a compression does not
change the symmetry, and hence a polarizationP 6= 0 cannot appear due to a compression.

Finally, it is often stated that a medium which lacks a centre of inversion can be used
for second-harmonic generation (SHG). This is because the polarizability would have a
different value in one direction compared with that in its antiparallel direction. Could this
be the case for the cholesteric phase, i.e. could it have a non-linear optical susceptibility
χ(2) 6= 0? The answer must be no, as it cannot be in then-direction and them-direction
is again ruled out by the twofold axis (one of the infinitely many would suffice). The
cholesteric example shows that it is not sufficient for a medium to lack a centre of inversion
in order to have SHG properties. Questions like these can thus be answered by very simple
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symmetry arguments, when we check how additional symmetries may compensate for lack
of inversion symmetry. In contrast to the cholesteric phase, the smectic C∗ phase does have
a direction along which a second harmonic can be generated. This is of course the C2 axis
direction in the SSFLC geometry. Even if initially small the existence of this effect was
soon confirmed [12, 13] and studied in considerable detail by several groups [14]. The
SSFLC structure is the only liquid (if it can be considered as such!) with SHG properties.
No other examples—they can only be looked for among anisotropic liquids—are known, the
externally poled electret waxes left aside (materials out of thermal equilibrium in which the
polar axis is not an intrinsic property). Walbaet al were the first to synthesize C∗ molecules
with powerful donor and acceptor groups active perpendicular to the director (thus along
the C2 axis) which is a necessity in order to achieveχ(2)-values of interest for practical
applications [15, 16]. But in fact there is really no point in having a surface-stabilized
ferroelectric liquid crystal as an SHG material. A pyroelectric material would be much
better, in which the polar axis is fixed in space, and non-switchable. But this cannot be
achieved in the framework of liquids. The first such material was recently presented [17],
made by using an SSFLC as a starting material and crosslinking it to a non-liquid-crystalline
polymer. It is thus a soft solid.

Figure 19. Shapes of some molecular crystals in which an eventual symmetry axis would have
a polar character. ‘All kinds’ of polar material like this could in principle be made, but they
also tend to become soft amorphous solids rather than liquids.

7. Can liquids then be macroscopically polar?

As we have seen, most liquid crystals have too high a symmetry to be macroscopically
polar if they obey then → −n invariance (which all ‘civilized’ liquid crystals do—that
is, all liquid-crystal phases which are currently studied and well understood). The highest
symmetry allowed is C2 (monoclinic) which may be achieved in materials which are ‘liquid-
like’ at most in two dimensions. And even then external surfaces are required. Generally
speaking a polar liquid crystal tends to use its liquid translational degrees of freedom so as
to macroscopically cancel its external field, i.e. achieve some kind of antiferroelectric order.
For more ‘liquid-like’ liquids, piezo-, pyro-, ferro- and antiferroelectricity area fortiori
ruled out as bulk properties. These phenomena would however be possible in crosslinked
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polymers (soft solids). A simple example may illustrate this. If we shear the cholesteric
structure as shown in figure 18(c), Curie’s principle tells us that a polarization is now
permitted along the twofold axis shown in the figure. If the liquid crystal would not yield,
this would constitute a piezoelectric effect. Now, polymer forms of liquid crystals are well
known and, depending on the degree of polymerization and crosslinking a whole no-man’s-
land of ‘fluids’ can be created which may have characteristics varying over a broad range
from liquid-like to solid-like. With this ambiguity in mind the question in the title of this
article may not be straightforward to answer in complete generality. But if we ask ‘are
there any liquids which are macroscopically polar?’, the answer is no. So far there is not a
single demonstration of such a liquid, and I would say that this is as good a distinction as
any between the solid and the liquid state. When expressions like ‘ferroelectric properties’
of a liquid appear, they are normally used in a frivolous way. I will explain by making an
analogy.

Some of the most sophisticated and beautiful liquid-crystal states of order are called
‘blue phases’. They may be considered as extreme cases of a frustrated cholesteric phase
where the twisting power is so strong that the nematic order breaks down locally along
singular lines (i.e. their cores are isotropic) in exchange for a double twist in the bulk.
These phases are spatially strongly inhomogeneous [18] with the director twisting around
the three-dimensional disclination network in such a way as to create one of several possible
cubic structures. All blue phases are optically isotropic, i.e. they are not birefringent. In
complex liquids a dipolar order may appear in a number of different spatially inhomogeneous
structures, but with a polarization macroscopically adding up to zero. To name such liquids
‘ferroelectric’ would be just as nonsensical as to name a blue phase ‘locally birefringent’.

The only strongly non-linear dielectric among liquids which may deserve the name
ferroelectric so far is the SSFLC structure—and as we have seen it is really questionable
whether we are speaking of a liquid because the non-linearity is not a bulk property. This
may also remind us that almost all phenomena at surfaces are polar. Thus, whereas a
nematic has a quadrupolar order in the bulk, its local order at the confining glass surfaces
is certainly polar, i.e. the invariance condition (1) is certainly not valid. This is a common
feature at outer boundaries as well as at inner surfaces, for example in lyotropic liquid
crystals. By the same logic it is clear that membranes, for instance in biological systems,
will generally permit polarized surfaces.

8. Will there be macroscopically polar liquids in the future?

In the last decade efforts have been made to synthesize new mesogenic molecules self-
assembling in a polar way so as to create ferroelectric materials which are not necessarily
chiral [19–21]. For instance, it must in principle be possible to make smectic or similar
phases for which the invariance condition (1) is not valid. Such liquid crystals may be
termed longitudinal ferroelectrics and would be more similar to solid ferroelectrics than to
ferroelectric liquid crystals of type C∗. The polar order should also be able to be detected
by second-harmonic generation for oriented samples. So far these investigations have been
highly interesting and promising but not conclusive, probably because of the difficulties
of obtaining oriented samples. A different interesting branch of research has started with
the recognition [22] that in an antiferroelectric smectic (if we consider the symmetry of a
pair of layers instead of one layer) there may be an additional twofold rotational axisin
the tilt plane, along which we might have a polarization even in the case of a non-chiral
medium. This case has recently given the first unambiguous result for a monomer–polymer
mixture [23]: it turns out—again, not surprisingly—that the material is antiferroelectric.



Can liquids be macroscopically polar? 9165

The ground state of the bilayer smectic C with a side-group polymer has an alternating tilt
with an in-plane antiferroelectric order, which can be switched to a ferroelectric state. The
molecules have the general shape of those in the lower part of figure 19.

A different line of research starts with the fact that with a suitable shape of the molecule,
the directorn (regarded as a direction of symmetry) cannot obey the invariance condition
(1), whence we can have polar order alongn just as we could have stapled cups of coffee on
top of each other (cf. upper left of figure 19). Such mesogenic molecules are called bowlic
[24]. They would show both pyroelectricity and second-order non-linear behaviour [25].
They would indeed be ideal for this latter application—if they only can be oriented, which
is a non-trivial problem. Anyway, considerable synthetic progress has been made recently
in this domain [26]. Knowing the ingenuity of synthetic organic chemists in creating new
molecules of almost any shape, we will soon have to take into consideration a whole new
domain of complex fluids, the properties of which we can only try to imagine at the present
state. It will however be increasingly difficult to regard them as liquids or liquid crystals. If
a directorn can be defined at all as a symmetry axis, then it will acquire a polar character in
some of the clear-cut cases which may now be distinguished, as in the case of bowlic liquid
crystals; cf. figure 19. Such matter is intrinsically polar, like some of its precursors, polar
discotics. Even more exotic molecules, recently synthesized and sketched in the figure, are
so hard to align in the bulk that very little can be said about their spontaneous order. Hence,
at the moment, everything seems to be possible (and why not, as we do not know how to
classify these materials between solids and liquids?) These new materials are exciting,
but no experiments regarding their polar order are as yet conclusive. It is not unlikely
that these amorphous or partially ordered media may require stabilizing surfaces to form
oriented samples and thus acquire〈χ2〉 6= 0 and〈P 〉 6= 0. But would we then say that they
are ordered liquids?
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